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ABSTRACT. $k$ newform $h$ $GL_{2}(\mathbb{A}_{\mathbb{Q}})$
$\pi$ ( $V$, q) $\mathbb{Q}$ 2 $q$ $\mathbb{R}$ $\tau$
$SO(V, \mathbb{A}_{\mathbb{Q}})$ $\tau_{\infty}$ $L$
$L(s, \pi\otimes\tau)$ ( )
$GL$ (2) Rankin triple $L$ unbalanced
case
$\pi$ $k$ , Nebentypus $\epsilon$ $\Gamma_{0}(N)$ newform $h$
$GL_{2}(\mathbb{A}_{\mathbb{Q}})$ ( $V$, q) $\mathbb{Q}$ 2 $q$ $\mathbb{R}$






$P(\pi, \tau)=\pi^{A(n)}\langle h, h\rangle^{[\frac{n}{2}]}$
$\langle h,$ $h\rangle$ Petersson
$\langle h, h\rangle=\int_{\Gamma_{0}(N)\backslash \mathfrak{H}}|h(z)|^{2}y^{k-2}dxdy$
$\mathbb{Q}$ $S$ partial $L$
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$SO(n+1,2)$ Eisenstein Bessel model
Fourier [6] [9]
B\"ocherer [2] 2 Klingen Eisenstein Fourier
$n=4$ [4]
Ginzburg, Piatetski-Shapiro &Rallis [7]
[5]
$D$ $\mathbb{Q}$ 4 accidental isomorphism
$SO(D)\simeq\{(d_{1}, d_{2})\in D^{\cross}\cross D^{\cross}|N(d_{1})=N(d_{2})\}/\{(a, a)|a\in \mathbb{Q}^{\cross}\}$
$f_{i}(i=1,2,3)$ $r_{0}(N_{i})$ $k_{i}$ , Nebentypus $\epsilon_{i}$ newform
$\pi_{i}$ $f_{i}$ $GL_{2}(\mathbb{A}_{\mathbb{Q}})$
$k_{1}>8,$ $k_{2}=k_{3}=2$ $\epsilon_{2}\epsilon_{3}=1$
$\mathbb{Q}$ 4 $D$ $\pi_{2}$ $\pi_{3}$ $D^{\cross}(A_{\mathbb{Q}})$ Jacquet-Langlands-Shimizu
$\frac{L(k_{1}-1,f_{1}\otimes f_{2}\otimes f_{3})}{\pi^{4k_{1}-8}\langle f_{1},f_{1}\rangle^{2}}\in\overline{\mathbb{Q}}$
$L(s, fi\otimes f_{2}\otimes f_{3})$ $s\mapsto k_{1}+k_{2}+k_{3}-2-s$
Blasius [1] $GL$ (2) Rankin triple $L$
Deligne [3] Blasius
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